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u=wvax@ 'xrRrR Q@=Q@ QO u=tDN=U pN=O T=UL C=R}yHDC_=iL 'xar=]t u}= QO
=yv; C=Q=UN R= |W=v C=a@D w Ov}@@ CQ=UN xrRrR QO CU= umtt xm |}=[a=
T=U=Q@ xar=]t OQwt C_=iL VwQ "CU= xDiQo Q=Qk |UQQ@ OQwt 'OvW=@ Q}PB=vu=Q@H
C_=iL QO QF-wt |=yVwQ R= |m} u=wvax@ u; R= xtOkt QO xm '?P=m hm VwQ
|SD=QDU= w Q}eDt |m =m]Y= Qo =Q}t R= xO=iDU= =@ w 'OW O=} u=tDN=U pN=O C=R}yHD
MU=B |UQQ@ R= TB w xDiQo Q=Qk pQDvm CLD xm CU= H1 QF-wt p=aixt}v pQDvm
|@ wNx@ =Q C=R}yHD MU=BH1 sD} Qwor= =@ x=Qty Q}eDt Qo =Q}t OwQ|t Q=_Dv= 'sDU}U

"OyO Vy=m

H1 pQDvm |xr�Ut
2 pmW QO xOW xO=O u=Wv |mwr@ Q=Owtv =@ |tDU}U 'H1 |xr�Ut u=}@ |=Q@
|OwQw w '|v=tR C@=F |]N sDU}U l} G OwW|t ZQi "s} Q}o|t Q_v QO =Q
OQmrta Q}eDt z xQNq=@ w xOW |Q}oxR=Ov= Q}eDt y 'pQDvm |OwQw u 'CqqDN=
CQwYx@ 2 pmW QO xOW xO=Ou=Wv sDU}U pQDvm Q=DN=U "OwW xv}tm O}=@ xm CU=

%CU= u=}@ p@=k 1 |x]@=Q"
z

y

#
= G(s)

"
w

u

#
=

"
G11(s) G12(s)
G21(s) G22(s)

#"
w

u

#
(1)

%R= CU= CQ=@a pQDvm uwv=k Cr=L u}= QO
u = k(s)y (2)

V=WDe= w sDU}U|oDiW; 'CqqDN= '`@vt p=vo}U Ovv=ty|HQ=N |=y|OwQw s=tD
pmWDt R}v �z� OQmrta Q}eDt "OwW|t h} QaD �w� pqDN= Q}eDt uwQO =yQoTL
'H1 pQDvm |xr�Ut "CU= =ylQLt |OwQw w |@=}OQ |=]N Q}_v |}=yQ}eDt R=
Q}eDt Q@ w CqqDN= QF= xm Ovm Q=O}=B u=vJ =Q sDU}U xm CU= �k� |QopQDvm uDi=}
z =D w R= xDU@ xkrL sDU}U p}O@D `@=D Qou=}@ T (s) `@=D "OwW xv}tm �z� OQmrta

[11]"CU=
T (s) = G11 +G12k(I �G22k)�1G21 (3)

%O=O u=Wv u}vJ u=wD|t =Q sDU}U l} CmQL |xrO=at '|rm Cr=L QO
M �x(t) + c _x(t) +Kx(t) = Hu(t) + �w(t) (4)

"H1 pQDvm |xr�Ut |rm Q=DN=U "2 pmW
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|UQQ@ |=Q@ xOW xDiQo Q_v QO |}xR=U pOt R= xar=]t u}= QO Qw_vtu}O@ [14]"O=O
C=YNWt "CU= xOW xO=iDU= '|rN=OC=R}yHD |R=U=OH QO SCF sDU}U OQmrta
'sQH |=yT} QD=t Q}_v 'CU= xk@]Ciy u=tDN=U l} xm xOW xO=iDU= u=tDN=U
?P=m hm w C=R}yHD pOt C=YNWt u}vJty w x�=Q= 5 pmW QO '|}=Q}t w |DNU

"CU= xOW u=}@ 1 pwOH QO xar=]t OQwt
G} QDQwv '�1995� x@ wm '�1940� wQDvUr= |=yxrRrRCW=ov?=DW xar=]t u}= QO
"Ov=xDiQo Q=Qk |UQQ@ OQwt xR=U x@ xOQ=w |xrRrR u=wvax@ �1978� T@] w �1994�
sDiy w sQ=yJ C=k@] MU=B 'C=R}yHD |}xRQr MU=B QO C=k@] Q}F-=D |UQQ@ |=Q@

"OQ}o|t Q=Qk |UQQ@ OQwt C=R}yHD |=Q@ |OwQw C=W=aDQ= u=wvax@ xR=U

|}xv=}=Q pOt "3
sQ=yJ C=k@] ?=DW CLD xm CU= |O=R; xHQO wO pOt l} pt=W |D=ar=]t pOt
|}xv=}=Q |R=UpOt |=Q@ "CU= xDiQo Q=Qk xrRrR ZQat QO w OQ=O Q=Qk |}xR=U sDiy w
sDU}U Cr=L |xrO=at R= |U} wvxt=vQ@ QO "CU= xOW xO=iDU= Matlab Q=Ri=sQv R=
CLD �?=DW w CaQU 'u=mtQ}}eD pt=W� sDU}U |=y|HwQN w xOW xO=iDU=

"CU= xOt; CUO x@ hrDNt |=yxrRrR

"�SIS� OvtWwy |R=U=OH sDU}U l}D=tW pOt "3 pmW

Rm =Qt |wQ wv}Dv=DUvm w wQ@tq xm �?P=m hm � C=R}yHD� pOt R= xar=]t u}= QO
|O=R; xHQO l} CQwYx@ xm C=R}yHD "CU= xOW xO=iDU= 'Ov=xO=O x�=Q= |}xv=}=Q
?r=]t =@ xm CU= RDQy40 |rY= Tv=mQi |=Q=O OwW|t pOt ?P=m hm |wQ Q@

[2]"OQ=O Ck@=]t C=R}yHD |=Q@ ?rY pOt Q@ |v@t |r@k
QO 'OW xO=O u=Wv 3 pmW QO xmOvtWwy |R=U=OH sDU}U uDiQo Q_v QO =@
|m =m]Y= Qo =Q}t R= xO=iDU= =@ p=aixt}v |SD=QDU= Qorta OwW|t ZQi xar=]t u}=
"OQ}o|t Q=Qk xO=iDU= OQwt C=R}yHD |}xRQr C_=iL |=Q@ H1 sD} Qwor= w Q}eDt
xOWv xDiQo Q_v QO |v=tR Q}N-=D QF= u}vJty w Qorta |wQ}v C}OwOLt Q=m u}= QO

"CU=

p}rLD |=Q@ |[=} Q pOt "2
C=R}yHD Q=DiQ "CU= xOW xDiQo Q_v QO pQDvm KQ] Qw_vtx@ |O=R; xHQO wO pOtl}
CmQL CqO=atV}=tv "CU= xOW ZQi |]N 'wO Qy 'xOW |R=U=OH ?P=mhm w
"CU= xOW xO=O u=Wv 4 pmW QO |}xRQr |R=U=OH sDU}U |=Q@ Cr=L |=[i QO
_X = AX +BU + E�xf (10)

X =
h
x1 x2 _x1 _x2

iT
(11)

'u}tR x@ C@Uv C=R}yHD w ?P=m hm u=mt Q}}eD ?}DQDx@ x2 w x1 x]@=Q u}= QO xm
c2 w c1 'k2 'k1 'm2 'm1 'xk@] ?=DW w Qorta |r=ta= pQDvm |wQ}v �xf w u

"CU= C=R}yHD w ?P=m hm |=Q@ |}=Q}t ?} Q[ w |DNU 'sQH

A =

 
[0] [I]

M�1K �M�1C

!
(12)

B =
h

0 0 1=m1 0
iT

(13)

E =
h

0 0 �1 �1
iT

(14)

M =

 
m1 0
0 m2

!
(15)

K =

 
k1 + k2 �k2
�k2 k2

!
(16)

C =

 
c1 + c2 �c2
�c2 c2

!
(17)

|oDU@ xOQ=w |xrRrR Gwt x@ xm u}= Q@ xwqa u=tDN=U pN=O C=R}yHD Q@ OQ=w |wQ}v
CW=ov?=DW Q@ xwqa =Pr "CU= xDU@=w R}v u; *pN=O |}xR=U C=YNWt x@ 'OQ=O
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"OQ=O |QDW}@ ?=DW xm CU= QDq=@ |xk@] QO H1 sD} Qwor= CLD
Qo =Q}t R= xO=iDU= =@ 'OwW|t xOy=Wt q=@ QO xOt; CUOx@ G}=Dv R= xm u=vJ
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|R=U=OH sDU}U =@ xU}=kt QO 'H1 sD} Qwor= w Q}eDt |m =m]Y= Qo =Q}t R= xO=iDU=
CaQU w |}=Hx@=H Vy=m u=tRsy '?=DW Vy=m ut[ w xOw@ QF-wt ,qt=m |}xRQr

"OQ=O x=Qtyx@ R}v =Q

"xar=]t OQwt ?P=m hm � C=R}yHD pOt C=YNWt "1 pwOH
sDU}U C=YNWt Q}O=kt

?P=m hm

m1 �Kg� 2631 53
k1 �N/m� 25946

c1 �N.sec/m� 330 5
"1 �2

T1 �sec� 2

C=R}yHD

m2 �Kg� 181 5
k2 �N/m� 11458874

c2 �N.sec/m� 1824
"2 �2

T2 �sec� 0 025

G}=Dv |UQQ@
x@ 'OQ=O |oDU@ xrRrR Gwt C=YNWt x@ xm u}= Q@ xwqa C=R}yHD |}xRQr MU=B
OQ=wt u}= QO "CU= xDU@=w R}v Ov=xDiQo Q=Qk u; QO xm |}xR=U |m}t=v}O C=YNWt
u}= QO "Ovm|t pta C=R}yHD x@ |OwQw C=W=aDQ= |xrRvtx@ xR=U |}xRQr MU=B
C=R}yHD� sDU}U MU=B QO H1 sD} Qwor= =@ Q}eDt |m =m]Y= Qo =Q}t QF= VN@
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"OQ=O sDU}U
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Q=Qk |UQQ@ OQwt 'sDiy w sQ=yJ C=k@] QO 'x@ wm w wQDvUr= |xrRrR |=Q@ 'OQ=O Q=Qk
xDUv=wD |@ wNx@ x}v=F2 ?w=vD xQwO =@ R=U=OH xm O=O u=Wv xOt; CUOx@ G}=Dv "CiQo
G}=Dv x@ xHwD =@ "OyO Vy=m |}x_Lqt p@=k Q=Oktx@ =Q C=R}yHD ?=DW MU=B CU=
|}xRQr R=U=OH |wQ xm ?P=m hm u=mt Q}}eD MU=B xm OW swrat xOt; CUO x@
|=yR=U=OH OQ@ Q=m C}OwOLt Ea=@ xr�Ut u}= xm CU= x_Lqt p@=k 'xDiQo Q=Qk

"OwW|t |}xRQr

wQDvUr= xrRrR |=Q@ sDU}U MU=B G}=Dv
Qo =Q}t u; Q} R xm ?P=m hm |wQ Q@ C=R}yHD OQmrta xm u; R= TB 'VN@ u}= QO
EL@ x@ 'CiQo Q=Qk |UQQ@ OQwt xOWO=} |=yxrRrR CLD xDiQo Q=Qk Q}eDt |m =m]Y=
|}=yQDt=Q=B |UQQ@ u}= QO "s} R=OQB|t wQDvUr= |xrRrR CLD sDU}U G}=Dv OQwtQO
x@ u; |@Uv CaQU w xk@] x@ u; |@Uv u=mt Q}}eD 'C=R}yHD ?=DW MU=B Ovv=t
Q=Qk xU}=kt OQwt xOW |R=U=OH |=ysDU}U =@ sDiy w sQ=yJ C=k@] QO 'xk@]

"CU= xDiQo
|xrRrR CLD �20 u=R}t x@ xv}W}@ ?=DW MU=B |xvt=O Vy=m Qou=}@ 6 pmW
CU= xDi=} Vy=m |yHwD p@=k wLvx@ sDU}U |}=Hx@=H xm |r=L QO 'CU= wQDvUr=

"�7 pmW�
OwOL |=yu=tR QO QFm =OL |}=Hx@=H u=R}t Vy=m xm CU= u; Qou=}@ 7 pmW
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xrRrR�xOWv pQDvm w xOW pQDvm Cr=LQO C=R}yHD CaQU MU=B xU}=kt "8 pmW
"�sQ=yJ xk@] �wQDvUr=

|xrRrR� xOWvpQDvm w xOWpQDvm Cr=L QO C=R}yHD ?=DW MU=B |xU}=kt "9 pmW
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